the canonical representation of n into prime powers each exponent is ^ 2. Let L denote the set of square-full integers. Let x denote a real variable ^1 and let L{x) denote the number of square-full integers <iχ. For the work done on the asymptotic formula for L(x) or for L k (x) , the number of fc-full integers ^x (an integer n>l is called k-ίull, if in the canonical representation of n each exponent k) we refer to the bibliography given by E. Cohen [2] and by E. Cohen and K. J. Davis [3] In particular, for the best known results on the 0-estimates of the error term in the asymptotic formula for L(x), we refer to the paper by the author and R. Sita Rama Chandra Rao [7] and also to the recent paper by the author [8] .
In 1963, E. Cohen [1] generalized square-full integers in the following way: Let a and b be fixed positive integers. Let n = p^Pz 2 -Pr r and let R a>b denote the set of all integers n with the property that each exponent a t (1 ^ i ^ r) is either a multiple of a or is contained in the progression at + b, t^O.
It is clear that i? 2>3 + 0(a; 1/2δ ) , the constants α* and /9* are defined by
where ζ(β) in the Riemann Zeta function defined by ζ(s) = Σ?=i for s > 1 and The object of this paper is to improve the 0-estimates of the error terms in the above asymptotic formulae for R a ,b(%) applying the method adopted in [6] or [7] and the results due to H.-E. Richert [5] on the divisor problem for τ a , h (n), namely
where τ a , h (n) = Σ^i =ίl 1, the summation being taken over all ordered pairs (d, δ) of positive integers d and δ such that d a δ b = n. It is known that θ.£ 2/(3α + 36) or θ ^ 2/(5α + 26), according as 6 < 2α or 6 > 2α. These results on the upper bound of θ have been established by H.-E. Richert (cf. [5] , Satz 2). As for as the lower bound of θ is concerned, it is known that θ ^ l/(2α + 26) and this result has been established by E. Kratzel (cf. [4] , Satz 7) .
The improvements in the 0-estimates of the error terms are given in Theorem 3.1, Remark 3.1, Theorem 3.3 and Remark 3.3, which 2* Preliminaries* In this section we state some lemmas which have been established already and which we need in our present discussion. First, we state the following best known estimate concerning the average of the Mδbious function μ(n) established by Arnold Walfisz [10] :
LEMMA 2.1 (cf. [10] , Satz 3, p. 191) . For x ^ 3,
A being a positive absolute constant. 
where Now, applying Lemma 2.2 for s = 2b/a > 1 and s = 2, we obtain from (3.4) that + ζ(alb)x ι ">\-±-
since b> a implies p' where B = B ah = Aa(l -2bθ)/2b is a positive constant.
Hence Theorem 3.1 follows by (3.8) and (3.16 ).
REMARK 3.1. Following the same procedure adopted in the proof of Theorem 3.1 in the case 6 > 2a also, we obtain improvements in the error term of R a , h (x) in the sub cases where we have θ < 1/26 (for example, when 26 < 5α, we have θ <: 2/(5α + 26) < 1/26) and in these cases, the asymptotic formula for R aΛ (x) in given by
where α* and β* are given by (1.3) and δ(x) is given by (2.2). In fact, we get an improvement in the O-estimate of ( 1.6) (x) 
where θ is given by (1.7) and ω{x) is given by (2.5).
Proof. Following the same procedure adopted in Theorem 3.1 and making use of (2.6) instead of (2.3), we obtain
Now choosing p = s-«/<«+*-*«**> f w e see that 0 < p < 1 and 
where a* and β* are given by (1.3) and δ(x) is given by (2.2).
Proof. Starting with Lemma 2.5 as in the proof of Theorem 3.1, we obtain Now, choosing p = p(x) = {δ(x 1/4b )} 1/2 and fix) the same as in (3.10) and arguing on similar lines as in the proof of Theorem 3.1, we get Theorem 3.3. Proof. By making use of (2.6) instead of (2.3) in the proof of This result follows from Theorem 3.4 above, if we show that a > 26 implies θ = I/a. Now, a > 26 implies that 6 < 2α, so that by H.-E. Richert's result mentioned in §1, θ <: 2/(3α + 36) < 1/α and hence (1.7) reduces to Σ^* τ atb (n) = ζ(a/b)x 1/h + 0(^1 /α ), which implies that <9 = 1/α. The Supporting Institutions listed above contribute to the cost of publication of this Journal, but they are not owners or publishers and have no responsibility for its content or policies.
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